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Limited Participation

Limited Participation in a Static Model

To understand the e¤ect of limited participation, consider a static
(one-period or iid) model with a representative agent.

Optimal risky share

α =
EP
γσ2

.

With full participation, equilibrium requires α = 1. Hence,

EP = γσ2.

With a constant consumption-wealth ratio,

Var(∆c) = σ2.
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Limited Participation

Limited Participation in a Static Model

Now suppose only a fraction k of wealth belongs to investors who can
hold stocks (participants).

The remaining wealth belongs to nonparticipants who can only hold
safe assets (lend to participants).

Equilibrium requires α = 1/k for participants. Hence,

EP =
γσ2

k
.

With a constant consumption-wealth ratio,

Var(∆cP ) =
σ2

k2
.
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Limited Participation

Limited Participation in a Static Model

EP =
γσ2

k
.

With a constant consumption-wealth ratio,

Var(∆cP ) =
σ2

k2
.

Suppose aggregate consumption c = kcP + (1� k)cNP . Then

Var(∆c) = k2Var(∆cP ) = σ2.

The equity premium is higher by a factor 1/k without any increase in
aggregate risk.

Limited participation is equivalent to a decline in aggregate risk
tolerance.
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Limited Participation

Is Limited Participation Important?

How big is the e¤ect?

It is more powerful for low values of k.

The calculation should be done on a wealth-weighted basis.

How can we make the e¤ect large?
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Limited Participation

Making Limited Participation Important

How can we make the e¤ect large?

Constantinides, Donaldson, and Mehra (QJE 2002):
I Human capital (claim to future labor income) is an important
component of wealth. Participants�share of total wealth is much
smaller than their share of �nancial wealth.

I Young people are borrowing-constrained, and this limits their risktaking
capacity.

I Three-period OLG model in which middle-aged people bear all the
equity risk.
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Limited Participation

Making Limited Participation Important
How can we make the e¤ect large?
Guvenen (Econometrica 2009):

I Exogenous nonparticipation.
I Nonparticipants have low EIS, participants have high EIS (consistent
with empirical evidence in Vissing-Jorgensen 2002).

I Technology shocks a¤ect labor income as well as capital income.
I Nonparticipants use the bond market to smooth their income, so
participants�consumption is highly procyclical even if the wealth share
of nonparticipants is small on average.

Gomes and Michaelides (RFS 2008):
I Nonparticipation from �xed participation cost, so nonparticipants have
lower wealth than participants.

I Nonparticipants have low EIS, participants have high EIS (intuitive).
I Nonparticipants have low RRA, participants have high RRA
(counterintuitive).

I Equity premium from idiosyncratic risk among participants, more than
from limited participation itself.
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Gomes and Michaelides, RFS 2008





Modelling Production

It is natural to embed consumption-based asset pricing models in
standard macro RBC models

I Asset prices are not just "puzzles", they can guide the development of
DSGE theory

The main challenge is to get volatile asset prices
I Standard RBC model, like standard consumption-based model, has
stable stock returns

I Adding habit formation does not �x the problem by itself, because
people use investment to smooth consumption more when risk aversion
goes up

I Capital adjustment costs help, because now Tobin�s q can vary
(Jermann JME 1998)

I Alternative "time to adjust" between sectors in a two-sector model
(Boldrin-Christiano-Fisher AER 2001) to better �t cyclicality of labor
supply

I Stochastic depreciation is an alternative modelling trick
(Gomes-Michaelides RFS 2008).
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The Cross-Section of Stock Returns

CBAP and the Cross-Section of Stock Returns
Lettau and Ludvigson (Review of Economic Dynamics 2009) argue
that the cross-sectional �t of consumption-based asset pricing models
is poor, as measured by Euler equation errors
E[Mt+1(1+ Ri ,t+1)� 1].
Test assets: bill rate, aggregate stock index, 6 portfolios sorted by
size and B/M.
Models considered:

I Power utility.
I Habit formation utility (Campbell-Cochrane 1999) modi�ed by Menzly,
Santos, and Veronesi (2004).

I Long-run risk model (Bansal-Yaron 2004).
I Guvenen (2009) limited participation model.

Probable reason for poor performance: these models shoot at equity
premium and volatility puzzles but do not have su¢ ciently important
multiple shocks (factors) to generate a cross-sectional spread in
equity risks.
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The Cross-Section of Stock Returns

CBAP and the Cross-Section of Stock Returns

Recent literature has tried to use cross-sectional returns to estimate
the parameters of consumption-based asset pricing models with
multiple factors.

A good example: Yogo (JF 2006):
I Instantaneous utility is CES in nondurables and durables, with α weight
on durables and ρ elasticity of substitution between them

I Intertemporal utility is Epstein-Zin with RRA γ and EIS σ.
I If σ < ρ, then marginal utility of nondurables is declining in the stock
of durables.

I Value stock returns correlate positively with the durables stock, so the
model with σ < ρ generates a value premium.

Dhume (2010) shows that the same model works well for pricing
commodity futures returns.
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